Z(S) = {t e R\f(t) = 0 for every /e S}.
The Wiener tauberian theorem states that if a closed ideal I of L^R) satisfies Z(I) = 0 then I = L^R). In fact, as every character of L^R) is a function of the form / -> f(x)
, where x is some element of R, the fact that Z(I) = 0 is equivalent to the fact that I is not contained in the kernel of any character of L^R) which means that the quotient algebra L^R)/! is radical.
We thus see that the Wiener tauberian theorem may be stated as follows.
Let I be a closed ideal of L^R). If the quotient algebra L^R)/! is radical, then I = L^R).
The classical proof of the Wiener tauberian theorem depends on the study of the Fourier transform. We will give here a very different proof, based upon the Ahlfors-Heins theorem for bounded analytic functions on the right-hand half-plane. Using this theorem we show that if (a\^>o ls an analytic semigroup in a radical Banach algebra ^ satisfying sup ^"^.Hrfll < -+-oo for some a < 1 then d = 0 for Re t > 0. It follows then from the above result that if L^R)/! is radical for some closed ideal I of L^R) then L^R)/! = {0} and I = L^R), which proves the Wiener tauberian theorem for L^R). A similar result holds as well known for L^G) if G is any locally compact abelian group.
If G is not abelian, several extensions are possible. Eymard defined in [2] the Fourier algebra A(G) for arbitrary G. The characters of A(G) are the maps /-^/(x), where xeG, and if we put, for S c A(G), Z(S) = {x e G|/(x) = 0 for every / e A(G)}, it is true that Z(I) ^ 0 for every closed ideal I of A(G) distinct of A(G).
In another direction H. Leptin distinguishes in [4] the strong and weak Wiener property for non commutative locally compact groups. A locally compact group G is said to have the strong Wiener property if every twosided proper closed ideal I of L^G) is annihilated by some ^-irreductible representation of L^G) on a Hilbert space, and G is said to have the weak Wiener property if I = L^G) for every closed two sided ideal I of L^G) such that L 1 (G)/I is radical. These two properties are equivalent if L 1 (G) is symmetric [3] , and G has the strong Wiener property if G is compact, or if G is a connected nilpotent Lie group [4] . The argument used here shows that G has the weak Wiener property if L^G) possesses an analytic semi group I do not know any conditions on G which ensure the existence of such a semi group, but it follows from a general result of Sinclair [5] about Banach algebras with two-sided approximate identities that if L^G) is separable then L^G) possesses an analytic semigroup (a%e^>o such that [I^H < Ifor t > 0 and such that lim ||/ * d -/|| = 0 for every / e L^G).
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Analytic semigroups in radical Banach algebras.
We will show in this section that if an analytic semigroup (^Qpeoo m a radical Banach algebra ^ satisfies sup ^"^ll^ll < + oo for some a < 1 Re (^ 1 then the semigroup (a\^ is the zero semigroup.
This fact is an easy consequence of the following classical result of the theory of analytic functions. , chapter 7 where this result is proved under a weaker but more complicated hypothesis on g. In fact a stronger conclusion holds. There exists a set S of outer capacity zero such that log|g(^)|_^^^^^^^^r
The proof is based upon a rather complicated study ofBlaschke products over the half-plane. Proof. -For t > 0 denote by [r] the unique integer n satisfying n ^ t < n -h 1. There exists M > 0 such that H^H ^ M for everŷ e[l,2].
We have, for t ^ 2 MI^II^-'IIIK'^^II^Mll^-1 !!. i
As ^ is radical, lim H^" 1 !^" 1 = 0, so
and log^H,. logM logll^1-1 !! lim sup ----^ lim sup ----h hm sup ------= -oo.
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This proves the lemma.
We now obtain the following theorem. 
